W49. The sequence (x,).>o is defined by xo = 1 and
ﬁxn -1
xnt+ 3

Find X2021-

Ovidiu Bagdasar.
Solution by Arkady Alt, San Jose, California, USA.
Let (¢.),s, be sequence defined by ¢, = L and @1 = @, +Z,n e NU {0}
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thatis ¢, = = + L 5 e NU{0}.

Xn+l = n=20,1,2,...

4 6’
Since x¢ = cotpo and for any n € NU {0} assuming x, = cot¢, we obtain
S3x,—1 J3 cotp, — 1 -
Xl = ———— =Xy = —————— = cot( ¢, + == ) = cote,. then by Math
TR T a5~ ot §) cotonthenty
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Induction x, = cotp, = cot( st ),n e NUA0}. :
l.cot2Z —1
; _ o, 20217 _ oSt _ 6 _
In particular, x202; = cot( st e ) cot( 4t % ) 3T
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